Introduction.
K is a negligible subset of a topological space X if X -K is homeomorphic to A. Recent results have been reached concerning such sets in manifolds modelled on separable infinitedimensional Frechet spaces. This paper generalizes some of these results in an attempt to develop a similar theory for manifolds modelled on nonseparable Frechet spaces. For Y a complete metric space, a manifold modelled on Y will be a paracompact, Hausdorff space, M, such that every point of M has an open neighborhood homeomorphic to F. With this definition, every manifold is metrizable, and since it is locally completely metrizable, by Corollary 4.3 [10] it is completely metrizable. A Frechet manifold will be a manifold modelled on an infinite-dimensional Frechet space. Frechet spaces are locally convex, completely metrizable topological linear spaces, and thus include all Banach spaces.
A is a locally closed subset of X if for each x£P there exists an open set U such that x£ U and KC\ U is closed in U. This is equivalent, for metric spaces, to K being the difference of two closed subsets of A. K is locally infinite-deficient (l.i.d.) if for each x£P,
there is an open set U containing x, a metric space Y, an infinite-dimensional Frechet space F, and an imbedding i : U->PX Y such that i(U) is open in FX Fand i(Kr~\U)E{0} X Y. An invertible isotopy pushing K off X is a homeomorphism F : (X X I) -(K X {1}) ->X XI which preserves the second coordinate (i.e. if (y, t) = F(x, s), then s = t), and which is the identity on A X {0}. The isotopy may also be denoted by {Hs}eei, where for each sEI, Hs is the homeomorphism P restricted toXXJi}. Such an isotopy is said to be limited by G, a collection of open subsets of A, if for each x£A, either P(x, s) = (x, s) for all s£P or {F(x, s), F~1(x, s)}"er is contained in gXI for some gEG. K is extractible from X if for every collection, G, of open subsets of A containing K in their union, there is an invertible isotopy pushing K off A which is limited by G. Finally, K is locally extractible from X if for each x£P
there is an open set U containing x such that for any set K', a locally closed subset of UC\K, then K' is extractible from U (and hence extractible from any open set containing K').
The main theorem proved in this paper is the following: Theorem 1. Let X be a complete metric space, i££X a countable union of locally closed, locally infinite-deficient sets. Then K is extractible from X.
The most important result is that K is negligible in X, but we are also told that the homeomorphism of X -K onto X may be chosen so as to be isotopic to the identity by an isotopy which moves points as little as is desired.
It follows from Eells and Kuiper [6] (1) K is extractible from X, (2) K is strongly negligible in X, For X and Y topological spaces, Tx : X X Y->X will denote projection onto the first factor. Let K' = VC\K. We will regard K' and V as subsets of PX Y.
Imbed F in a Frechet space Pi, and let F2 = FX Fx. By a theorem of Corson [5] , there is an infinite-dimensional closed linear subspace F3EF such that for any x£P2, P3+X intersects K' in at most one point. By a theorem due to Bartle, Graves and Michael [ll] , it follows that F/ F3 can be imbedded (not necessarily linearly) in F such that h : F3XP/F3->Fdefined by h((x, y)) =x+y is a homeomorphism. By Proof. It suffices to show that for Y a complete metric space and K a locally closed subset of {0} X F, then K is extractible from FXY. Since F=HX W for some W, we may assume that F= H. We will make use of the invertibly continuous family of invertible isotopies pushing the origin off H, denoted rHt, which is defined on pp. 784-786 of [3] . It is easily seen that P is 1-1 and onto. By continuity of rHt and rH^ in r, /, and X, F and P_1 are continuous at points in HX WXI. F and F~~l are continuous at points of HXCXI because r(q) approaches 0 as q approaches C. Hence F is an isotopy pushing K off HX Y. Furthermore, using the definition of r and the fact that ,Ht is fixed outside the r-neighborhood of the origin, it is clear that F is limited by G. , and hence converge in Xx(sj. Hence P and P* are well defined, and since they are the uniform limit of continuous functions, they are also continuous.
Condition (5) is used to show that P*(AX {1 })£(A-P) X {l}. Now it is not difficult to show that P and F* are inverses. Let (y, s) = F(x, s) =lim,^00{P,(x, s)}. We know from condition (3) that d'(F*(z, u), Etx(z, u)) ^ l/2«' for all (z, u) where F* is defined. Hence d'(F*(Ei(x,s)), (x,s)) = d'(F*(Ei(x,s)), E7\Ei(x,s))) = 1/2*, and hence by continuity of F*, F*(y, s) = (x, s). Similarly, it can be shown that PoP* =id, and therefore F* = F~\ Hence Fis an invertible isotopy pushing K off A.
Finally, using condition (6) it can be shown that for each x£A and i>0, Fj({x} XI) and Er1({x} XI) are contained in Nd<.x-.a)/2(x)Xl, and hence F is limited by G. Let Fia be an invertible isotopy pushing K'ia off hia(~\Xi which is limited by G'. F,a is the identity outside h'ia. For a£P,-for which K'ia is empty, we take P,a to be the identity. Using local finiteness of H"', it follows that P,-is the identity in some neighborhood of any point not contained in UaeB,-(/&««X/). Hence P.-is an invertible isotopy pushing Kl off X,-, and it is easily seen to be limited by G. 
